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ìt|%�Lh|� +i*@|��i @̀}i2 ��2H ���D ��ff f�bb ��f� ��fe

Vrxufhv1 +4,= Klvwrulfdo Vwdwlvwlfv/ vhulhv I458/ I45:> Hfrqrplf Uhsruw/ Wdeoh E043> +5,= vhh Vhfwlrq 515 dqg

Dsshqgl{ L> +6,= Klvwrulfdo Vwdwlvwlfv/ Vhulhv H58 dqg H468/ dqg Hfrqrplf Uhsruw/ Wdeohv E093 dqg E09:

+idup uhodwlyh sulfh htxdov wkh zkrohvdoh sulfh lqgh{ iru idup jrrgv glylghg e| wkh FSL,1

@*tL Thi_�U| u@**�?} hi*@|��i Th�Uit uLh u@h4 }LL_t @?_ u@**�?} hi*@|��i �@}it uLh u@h4 �Lh!iht�

W? L|�ih �Lh_tc |�i) u@�* UL4T*i|i*) ��|� hitTiU| |L |�i *itt �i**�!?L� Mi�@��Lh Lu |�i Th�Uit

�? hL�t � @?_ e Lu A@M*i ��

A�i �ht| UL?|h�M�|�L? Lu |��t T@Tih �t |L Thiti?| @ 4L_i* ui@|�h�?} @ |��h_ �?}hi_�i?|

|�@| tii4t itti?|�@* |L 4@|U��?} @** uL�h Lu |�i !i) u@U|t Lu |�i t|h�U|�h@* |h@?tuLh4@|�L?�

��h ?i� i T*@?@|�L? hi*�it L? t��u|t �? |�i u@h4�*@MLh t�TT*) U�h�ic tL |�@| |�i _iU*�?i �?

u@h4 i4T*L)4i?| �t UL?t�t|i?| ��|� |�i �?Uhi@ti �? u@h4 �@}it� ì 4L_i* |�i �?_�t|h�@*
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hi*@|��i @}h�U�*|�h@* �@}itc |�i ��_� ìt| �L�*_ @U|�@**) �@�i *Lt| u�h|�ih }hL�?_ hi*@|��i |L

|�i �Lh|�� 6Lh *@MLh �?UL4it �? |�i Tih�L_ �bef��bbfc �L�i�ihc |�ihi �t t*�}�| _��ih}i?Uic

@*|�L�}� |��t �t @*4Lt| i U*�t��i*) @ UL?ti^�i?Ui Lu |�i �bHft� 6Lh |�Lti Tih�L_t �? ���U�

|�ihi �t UL?�ih}i?Uic |�i t|h�U|�h@* |h@?tuLh4@|�L? UL?|�?�it |L T*@) @? �4TLh|@?| hL*i� 6��

?@**)c |�i _iUL4TLt�|�L? Lu |�i U�@?}it �? �?UL4i _�gihi?|�@*t Mi|�ii? |�i ìt| @?_ |�i
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h@?!�?} � M) TihUi?| ��|� @? i*i4i?|@h) _i}hii Lh *itt � Lu |�i �?��ihti Lu �?_�t|h�it ui@|�hi_

�? |�i �i?t�t Lu �LT�*@|�L?� ��| Lu |�i ��b �?_�t|h�it uLh ���U� �i �@�i LMtih�@|�L?t �?

�befc |�ihi @hi L?*) |�L ��|� @||@�?4i?| *i�i*t Mi*L� @}h�U�*|�hi� W? L|�ih )i@ht @}h�U�*|�hi

u@hit t*�}�|*) Mi||ihc M�| �| �t UL?t�t|i?|*) @4L?} |�i ML||L4 �f��.
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ì @tt�4i |�@| �?_���_�@*t @hi *�?!i_ M) �?|ih}i?ih@|�L? @*|h��t4� W? T@h|�U�*@hc

i@U� �?_���_�@* Mi*L?}t |L L?i _)?@t|)c @?_ @| i@U� TL�?| �? |�4i @ _)?@t|) �@t L?i @?_

L?*) L?i 4i4Mih� �?Ui @ TihtL? _�itc @?L|�ih TihtL? �t MLh? �?|L |�@| _)?@t|)� #)?@t|�U

�|�*�|) �t |�i? }��i? M)c
"[
|'f

q|�ES�s|c S
�
6|�c E.�

54Wklv dvvxpswlrq lv qrw xqgxo| uhvwulfwlyh= lq rxu qxphulfdo zrun zh dvvxph wkdw rqh shulrg odvwv whq

|hduv/ dqg wkdw olih vwduwv dw djh 431

�H



��ihi S��| �t |�i UL?t�4T|�L? Lu }LL_ � M) |�i 4i4Mih Lu _)?@t|) � ��L �t @*��i @| |�4i |c @?_
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57Iru wkhvh sdudphwhu ydoxhv/ gxulqj wkh vlpxodwlrqv lw vrphwlphv rffxuv wkdw �w�
l A 4 iru vrph krxvhkrogv1

Uhfdoo wkdw �w�
l lv wkh iudfwlrq ri wkh lqlwldo shulrg wkdw shuvrq l pxvw vshqg lq wkh hgxfdwlrq vhfwru vr wkdw

kh pd| vxevhtxhqwo| zrun lq wkh qrq0idup vhfwru1 Udwkhu wkdq prgholqj hgxfdwlrq dv d pxowl0shulrg

lqyhvwphqw/ zh vlpso| wklqn ri wkhvh shrsoh dv kdylqj wr sd| dq dgglwlrqdo frvw wr dftxlulqj hgxfdwlrq1
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58Khuh lv krz zh frpsxwhg uhodwlyh uhjlrqdo oderu lqfrphv1 Shu0zrunhu oderu lqfrph lq wkh Qruwk lv

zp> dv wklv uhjlrq rqo| surgxfhv pdqxidfwxulqj jrrgv1 Wrwdo oderu lqfrph lq wkh Vrxwk frqvlvwv ri doo

zdjh lqfrph sdlg lq wkh idup vhfwru/ Oizi > soxv wkh zdjh lqfrph sdlg wr pdqxidfwxulqj zrunhuv orfdwhg lq

wkh Vrxwk1 Hfrqrp|0zlgh/ zdjh lqfrph iru wkh pdqxidfwxulqj vhfwru lv jlyhq e| zpOp1 Wr frpsxwh wkh

iudfwlrq ri wklv uhfhlyhg e| Vrxwkhuqhuv/ qrwh wkdw wkh dprxqw ri odqg xvhg iru pdqxidfwxulqj lq wkh Vrxwk lv

Wp� +4�$, @ $�Wi 1 Qr0duelwudjh frqglwlrqv uhtxluh wkdw wkh oderu0odqg udwlr lv wkh vdph lq erwk uhjlrqv/
dqg lw lv wkhuhiruh htxdo wr Op@Wp= Khqfh/ pdqxidfwxulqj hpsor|phqw lq wkh Vrxwk lv +$�Wi ,Op@Wp dqg
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Qrwh= W @ prghov zhuh �w wr wkhvh ydoxhv h{dfwo|> WW @ prgho zlwk ghfolqlqj hgxfdwlrq frvwv zdv

�w wr wklv ydoxh h{dfwo|1
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zdjh lqfrph iurp pdqxidfwxulqj hpsor|phqw lq wkh Vrxwk lv +$�Wi ,+Op@Wp,zp1 Sxwwlqj lw doo wrjhwkhu/

wkh udwlr ri shu0zrunhu zdjh lqfrph lq wkh Vrxwk wr wkdw lq wkh Qruwk lv jlyhq e|

Oizi . +$ � Wi ,
Op
Wp

zp
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59Lq ylhz ri wkh glvfxvvlrq lq wkh suhylrxv irrwqrwh wkh srsxodwlrq udwlr lv=

OiWp . +$ � Wi ,Op
+4� $,Op

�f



tL4i �Lh|�ih? �Lh!iht ?ii_ |L 4�}h@|i 5L�|��2. 2H

. �*|ih?@|��i , T*@?@|�L?t

��h _�tU�tt�L? tL u@h @tt�4it |�@| �Lh!iht �? @}h�U�*|�hi @** hiUi��i |�i t@4i �@}i� �?i

�4TLh|@?| @*|ih?@|��i i T*@?@|�L? @h�tit �u @}h�U�*|�h@* �Lh!iht Lu _�gihi?| t!�** *i�i*t hiUi��i

_�gihi?| �@}it� W? |��t U@tic @ _iU*�?i �? |�i ?L?�@}h�U�*|�h@* �@}i Thi4��4 4@) t�}?@*

@ U�@?}i �? |�i UL4TLt�|�L? Lu @}h�U�*|�h@* i4T*L)4i?| |L�@h_t 4Lhi t!�**i_ �?_���_�@*tc

i�i? �u |�i ULt| Lu 4L��?} @UhLtt tiU|Lht �t �?U�@?}i_� A��t UL�*_ @h�tic uLh i @4T*ic @t

@ UL?ti^�i?Ui Lu |iU�?�U@* U�@?}i |�@| �t hi*@|��i*) 4Lhi t!�**i_ M�@ti_ �? @}h�U�*|�hi |�@?

5:Wkh ehkdylru ri wkh odqg0 dqg fdslwdo0oderu udwlrv dovr gluhfwo| frqvwlwxwh dq dgglwlrqdo uhvshfw lq zklfk

wkh prgho zlwk ghfolqlqj ohduqlqj frvwv grplqdwhv wkh rqh zlwk frqvwdqw frvwv1 D urxjk fdofxodwlrq +edvhg rq

Klvwrulfdo Vwdwlvwlfv Vhulhv M84/ Wdeoh 43;3 lq Vwdwlvwlfdo Devwudfw/ dqg wkh djulfxowxudo oderu irufh hvwlpdwhv

lq wklv sdshu, vkrzv wkdw idup odqg shu zrunhu lqfuhdvhg iurp 96 wr 7<3 dfuhv shu zrunhu ehwzhhq 4;;3 dqg

4<<51 Vlqfh wkhvh fkdqjhv duh pdlqo| gulyhq e| fkdqjhv lq djulfxowxudo hpsor|phqw lw vhhpv h{fhhglqjo|

olnho| wkdw wkh odqg0oderu udwlr rxwvlgh ri djulfxowxuh ghfolqhg1 Dovr/ dv uhsruwhg e| Mrujhqvrq dqg Jroors

+4<<5,/ lq djulfxowxuh wkh fdslwdo0oderu udwlr kdv jurzq e| 13597 shu |hdu iurp 4<7: wr 4<;8/ dqg lq wkh qrq0

idup vhfwru wklv udwlr kdv jurzq e| 13558 shu |hdu1 Erwk udwlrv juhz lq wkh prgho zlwk ghfolqlqj hgxfdwlrq

frvwv/ exw wkh idup fdslwdo0oderu udwlr ihoo lq wkh prgho zlwk frqvwdqw hgxfdwlrq frvwv1
5;Nrqjvdpxw/ Uhehor/ dqg [lh +4<<;, frqvwuxfw d prgho ri wkh vwuxfwxudo wudqvirupdwlrq wkdw lv ghvljqhg

wr pdwfk wkh _Ndogru idfwv%= urxjko| frqvwdqw wlph sur�ohv ri wkh fdslwdo0rxwsxw udwlr/ wkh uhdo lqwhuhvw

udwh/ wkh vkduh ri oderu lq lqfrph/ dqg wkh jurzwk ri rxwsxw1 Rxu prgho +zlwk ghfolqlqj hgxfdwlrq frvwv,

lv dovr eurdgo| frqvlvwhqw zlwk wkhvh idfwv1 Lq wkh vlpxodwlrqv/ wkh fdslwdo0rxwsxw udwlr rqo| ydulhv iurp 153

wr 15:/ wkh uhdo lqwhuhvw udwh +dqqxdol}hg, ydulhv rqo| iurp 918 wr ; shufhqw/ dqg oderu lqfrph vkduhv duh

frqvwdqw +dv oderu*v vkduh lv wkh vdph lq erwk vhfwruv,1 Dovr/ shu0fdslwd rxwsxw jurzwk +dqqxdol}hg/ lq xqlwv

ri pdqxidfwxuh jrrgv, ehjlqv forvh wr 3 shufhqw/ ulvhv wr 519 shufhqw ryhu wkh vxevhtxhqw 83 |hduv/ dqg wkhq

idoov wr durxqg 415 shufhqw> wklv kxps0vkdshg sdwwhuq ri rxwsxw jurzwk lv eurdgo| frqvlvwhqw zlwk wkh X1V1

h{shulhqfh gxulqj wkh odvw fhqwxu| +dowkrxjk rxwsxw jurzwk lq wkh prgho lq wkh lqlwldo shulrg lv d elw orz,1
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Qrwh= Frh�flhqwv ri d gxpp| yduldeoh lqglfdwlqj hpsor|phqw lq djulfxowxuh1 Ghshqghqw yduldeoh/ oderu

hduqlqjv glylghg e| vdpsoh phdq1 Lqglylgxdo Frqwurov= djh/ djh vtxduhg/ rqh gxpp| yduldeoh lqglfdwlqj

ihpdoh vh{/ rqh gxpp| yduldeoh lqglfdwlqj qrq0zklwh udfh/ qlqh gxpp| yduldeohv lqglfdwlqj hgxfdwlrqdo
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wlph/ zh kdyh grqh prvw ri wkh zrun xvlqj vpdoohu udqgrp vdpsohv frqwdlqlqj derxw rqh wklug ri

wkh revhuydwlrqv ri wkh ruljlqdo rqhv12b H{whqvlyh fkhfnv kdyh vkrzhg wkdw/ eh|rqg wklv vl}h/ wkh

uhvxowv duh lq qr dssuhfldeoh zd| vhqvlwlyh wr ixuwkhu hqodujhphqw ri wkh vdpsohv1

Iru hdfk |hdu dqg iru hdfk lqglylgxdo lq rxu vdpsohv zh kdyh h{wudfwhg wkh yduldeohv gh0

vfulelqj DJH/ zdjh lqfrph +LQFZDJH,/ hpsor|phqw vwdwxv +HPSVWDW,/ lqgxvwu| +LQG4<83,/

qxpehu ri zhhnv zrunhg +ZNVZRUN5,/ vwdwh ri uhvlghqfh +VWDWHILS, dqg vdpsolqj zhljkw

+VOZW iru 4<83/ SHUZW iru doo rwkhu |hduv,1 Zh gursshg doo lqglylgxdov zkr zhuh qrw hpsor|hg/

zkrvh djh zdv ohvv wkdq 49/ dqg zkr kdg zrunhg ohvv wkdq 83 zhhnv lq wkh suhylrxv |hdu1 Zh wkhq

fuhdwhg d gxpp| yduldeoh iru doo lqglylgxdov hpsor|hg lq djulfxowxuh1

l1 Zdjhv1 Wr frpsxwh dyhudjh djulfxowxudo dqg qrq0djulfxowxudo zdjhv e| vwdwh zh �uvw

fdofxodwhg wrwdo zdjh lqfrph e| vwdwh dqg lqgxvwu| dv wkh vxp ri doo wkh zdjhv sdlg wr zrunhuv

lq djulfxowxuh dqg rxwvlgh ri djulfxowxuh/ uhvshfwlyho|1 Wr frqyhuw wklv wr d shu0zrunhu edvlv zh

frpsxwhg e| vwdwh dqg lqgxvwu| wkh wrwdo qxpehu ri lqglylgxdov zkr uhfhlyhg srvlwlyh zdjhv lq

wkdw lqgxvwu|1 Lq erwk wkh frpsxwdwlrq ri wkh wrwdo zdjh eloo/ dqg wkh qxpehu ri zdjh hduqhuv/ hdfk

lqglylgxdo*v frqwulexwlrq lv sursruwlrqdo wr klv ru khu vdpsolqj zhljkw1

ll1 Hpsor|phqw1 Hpsor|phqw lq djulfxowxuh dqg rxwvlgh ri djulfxowxuh lq hdfk vwdwh lv vlpso|

jlyhq e| wkh qxpehu ri shrsoh hpsor|hg lq hdfk vhfwru lq wkdw vwdwh/ hdfk frqwulexwlqj lq sursruwlrq

wr klv ru khu vdpsolqj zhljkw1

lll1 Wdeoh 41 Wkh XV0zlgh qxpehuv iru wkh uhodwlyh djulfxowxudo zdjh lq Wdeoh 4 duh rewdlqhg

e| frqvwuxfwlqj wkh XV zlgh djulfxowxudo dqg qrq0 djulfxowxudo oderu lqfrph shu zrunhu dv wkh

5<H{fhsw iru 4<83/ zkhuh rqo| derxw rqh txduwhu ri wkh uhvsrqghqwv kdg ehhq txhulhg rq hduqlqjv1 Khqfh/

iru wklv |hdu rxu vdpsoh frqwdlqv doo wkh lqglylgxdov uhvsrqglqj wr wkh hduqlqjv txhvwlrqv1

���



phdqv/ zhljkwhg e| wkh qxpehu ri zrunhuv/ ri wkh vwdwh0ohyho qxpehuv1 Iru wkh hpsor|phqw vkduh

ri djulfxowxuh zh vlpso| vxpphg wkh qxpehuv ri zrunhuv lq wkh wzr vhfwruv dfurvv vwdwhv1 Wkh

uhjlrqdo zdjhv zhuh frqvwuxfwhg e| frpsxwlqj e| uhjlrq wkh dyhudjh 0 zhljkwhg e| hpsor|phqw

vkduh 0 ri wkh djulfxowxudo dqg qrq0djulfxowxudo zdjhv1

ly1 Zdjh uhjuhvvlrqv1Wkh lqglylgxdov lqfoxghg lq wkh uhjuhvvlrqv duh wkrvh zlwk srvlwlyh zdjh

lqfrph1 Frqwurov= VH[/ DJH dqg DJH vtxduhg duh lqfoxghg gluhfwo|1 UDFH/ zklfk ruljlqdoo| doorzv

iru ydulrxv qrq0zklwh rswlrqv/ lv wudqviruphg wr d elqdu| yduldeoh1 Wkh qlqh hgxfdwlrq gxpplhv

fruuhvsrqg wr wkh qlqh ydoxhv wdnhq e| wkh yduldeoh HGXFUHF +qr vfkrrolqj/ judghv 407/ 80;/ </

43/ 44/ 45/ 406 |hduv ri froohjh/ 7. |hduv ri froohjh,1
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Iru l @ V>Q zh kdyh=

z�
| @ z�

s|O
�
s| . z�

6|O
�
6|> +58,

zkhuh z�
s| lv wkh shu0zrunhu oderu lqfrph lq djulfxowxuh lq uhjlrq l dqg |hdu w/ z�

6| lv wkh shu0zrunhu

lqfrph rxwvlgh ri djulfxowxuh/ O�
s| lv wkh vkduh ri wkh oderu irufh wkdw lv hpsor|hg lq djulfxowxuh/

dqg O�
6| @ 4 � O�

s|1 Qrz gh�qh zs|+z6|, dv wkh djjuhjdwh djulfxowxudo +qrq0djulfxowxudo, lqfrph

shu zrunhu ri Vrxwk dqg Qruwk wrjhwkhu1 E| dgglqj dqg vxewudfwlqj wkh txdqwlw| zs|O
�
s|.z6|O

�
6|

zh fdq uhzulwh z�
| dv=

z�
| @ +z�

s| �zs|,O
�
s| . +z�

6| �z6|,O
�
6| . zs|O

�
s| . z6|O

�
6|= +59,

Xvlqj htxdwlrq +59, zh fdq h{suhvv wkh Vrxwk0Qruwk lqfrph gl�huhqwldo dv=

z7
| �z�

|

z|

@
+z7

s| �zs|,

z|

O7
s| .

+z7
6| �z6|,

z|

+4� O7
s|,

�+z�
s| �zs|,

z|

O�
s| �

+z�
6| �z6|,

z|

+4�O�
s|,

.
+zs| �z6|,

z|

+O7
s| � O�

s|, +5:,

Gh�qh $�
�| @ +z�

�| � z�|,@z|> l @ V>Q / m @ i>p1 Dovr/ ohw $�
| @ +z�

s| � z�
6|,@z|/ dqg $| @

+zs| �z6|,@z|= Zh fdq qrz zulwh wkh htxdwlrq deryh lq �uvw gl�huhqfhv dv=

z7
| �z�

|

z|

� z7
|3� �z�

|3�

z|3�

@ �$7
s| � O7

s| .�$7
6| � +4� O

7

s|,��$�
s| � O�

s| ��$�
6| � +4� O

�

s|,
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.$7
| ��O7

s| � $�
| ��O�

s|

.�$| � +O7

s| � O
�

s|, +5;,

zkhuh �{| @ {|�{|3� dqg {| @ +{|.{|3�,@5= Wklv ghfrpsrvlwlrq fdq eh lqwhusuhwhg dv iroorzv1 Wkh

irxu whupv rq wkh �uvw olqh uhsuhvhqw wkh frqwulexwlrq wr Qruwk0Vrxwk frqyhujhqfh ri Qruwk0Vrxwk

frqyhujhqfh ri lqfrphv zlwklq wkh djulfxowxudo dqg qrq0djulfxowxudo lqgxvwulhv1 Wkh wzr whupv rq

wkh vhfrqg olqh fdswxuh wkh uroh ri wkh idvwhu Vrxwkhuq wudqvihu ri uhvrxufhv rxw ri djulfxowxuh1 Wkh

whup lq wkh wklug olqh fdswxuhv wkh frqyhujhqfh ri djulfxowxudo lqfrphv wr qrq0djulfxowxudo lqfrphv1

Khqfh/ lq Wdeoh 5 _Wrwdo% lv wkh ohiw kdqg vlgh ri +5;,1 _Zlwklq Lqgxvwu|% lv wkh txdqwlw| lq wkh

�uvw olqh ri +5;,1 _Oderu Uhdoorfdwlrq% lv wkh vhfrqg olqh1 _Ehwzhhq Lqgxvwu|% lv wkh wklug olqh1 Lq

wkh uhpdlqghu ri wklv dsshqgl{ zh surylgh wdeohv zlwk wkh pruh ghwdlohg ghfrpsrvlwlrq uh�hfwlqj

doo : whupv ri +5;, iru Vrxwk0Qruwk/ dv zhoo dv iru Plgzhvw0Qruwk dqg Zhvw0Qruwk frqyhujhqfh/ dqg

iru wkh ydulrxv vxe0shulrgv iru zklfk zh kdyh dydlodeoh gdwd1
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Zh �uvw fkdudfwhul}h wkh h�flhqw doorfdwlrq ri uhvrxufhv iru rxu prgho hfrqrp|1 Zh wkhq vkrz wkdw

wkh h�flhqw doorfdwlrq frlqflghv zlwk wkh doorfdwlrq lq d frpshwlwlyh htxloleulxp1

Frqvlghu d fhqwudo sodqqhu lqwhuhvwhg lq pd{lpl}lqj wkh xwlolw| ri wkh _uhsuhvhqwdwlyh g|0

qdvw|%

yf @
"[
|'f

�|
�
+fs| � �,� +f6|,

�3�
��3j

4� �
=

Lq pd{lpl}lqj wklv xwlolw|/ wkh sodqqhu fkrrvhv vhtxhqfhv iru fs|/ f6|/ N|/ Ns|/ N6|/ Ws|/ W6|/ ofs|/

of6|/ o
f
e|/ Os|/ O6|/ Oe|/ dqg ��|1 Dvvxph wkdw doo h{rjhqrxv yduldeohv hyroyh dffruglqj wr wlph0lqyduldqw

uhfxuvlyh odzv ri prwlrq1 Wkh vrfldo sodqqhu*v sureohp fdq eh vroyhg dv d g|qdplf surjudp1 Ohw d

kdw ghqrwh d ydoxh ri d yduldeoh lq wkh suhylrxv shulrg1 Wkh vwdwh yduldeohv frqvlvw ri Ds / D6/ N/

�/ aOs / dqg aO6. aOe1 Wkh vwdwlrqdu| uhfxuvlyh vroxwlrq wr wkh h�flhqw doorfdwlrq sureohp frqvlvwv ri

wlph0lqyduldqw srolf| ixqfwlrqv wkdw duh ixqfwlrqv ri wkh vwdwh ri wkh v|vwhp1 Wkh srolf| ixqfwlrqv

duh iru fs / f6/ N
�/ Ns / N6/ Ws / W6/ ofs / o

f
6/ ofe / Os / O6/ Oe/ dqg ��1 Wkh ydoxh ixqfwlrq y dqg srolf|

���



ixqfwlrqv pxvw vdwlvi| wkh Ehoopdq htxdwlrq

y+Ds > D6> N> �> aOs > aO6 . aOe, @ pd{ix+fs > f6, . �y+D�

s > D
�

6>N �> ��> Os > O6 . Oe,j>

zkhuh wkh pd{ lv ryhu wkh 44 srolf| yduldeohv dqg lv vxemhfw ~ zlwk kdwv uhsodflqj wlph vxevfulswv dv

dssursuldwh ~ wr +5,0+9,/ +4<,0+56,1 Vwdqgdug wkhruhpv rq vroxwlrqv wr frqfdyh g|qdplf surjudp0

plqj sureohpv fdq eh xvhg wr suryh wkh h{lvwhqfh dqg xqltxhqhvv ri d vroxwlrq wr wklv sureohp1

E| frpsxwlqj �uvw0rughu dqg hqyhorsh frqglwlrqv wkh vroxwlrq lv vkrzq wr vdwlvi| +57,/

x�+fs > f6,I�+Ws > Os > Ns > Ds , @ x2+fs > f6,P�+W6> O6> N6> D6,> +5<,

dqg

x�+fs > f6,I�+Ws > Os > Ns > Ds , @ x2+fs > f6,P�+W6> O6> N6> D6,= +63,

Ghqrwh e| *s wkh pxowlsolhu iru ht1 +54, dqg ghqrwh e| *6 wkh pxowlsolhu iru ht1 +55,> erwk pxo0

wlsolhuv duh ixqfwlrqv ri wkh vwdwh yhfwru +Ds > D6>N> �> aOs > aO6 . aOe,1 Wkhvh ixqfwlrqv pxvw vdwlvi|

wkh wzr htxdwlrqv=

*s @ x�+fs > f6,I2+Ws > Os > Ns > Ds , . ��*�s > +64,

*6 @ x2+fs > f6,P2+W6> O6>N6> D6, . ��*�6= +65,

Qrwh wkdw � hqwhuv wkhvh htxdwlrqv ehfdxvh ri lwv uroh lq ghwhuplqlqj wkh hyroxwlrq ri idup dqg

pdqxidfwxuh zrunhuv ryhu wlph1 Ilqdoo|/ xvlqj wkh Ixqgdphqwdo Wkhruhp ri Fdofxoxv/ wkh vroxwlrq

pxvw dovr vdwlvi| wkh htxdwlrq

�� @
4

�

*6 � *s

x2+fs > f6,P2+W6> O6>N6> D6,
= +66,

D qhfhvvdu| dqg vx�flhqw frqglwlrq iru d vroxwlrq wr eh d vrfldo rswlpxp lv li wkh fkrlfhv fs / f6/

N/ Ns / N6/ Ws / W6/ Os / O6/ Oe/ dqg �� vdwlvi| +5,0+9,/ +4<,0+57,/ +BB,0+66,1

Lw lv vwudljkwiruzdug wr vkrz wkdw wkh doorfdwlrqv lq d frpshwlwlyh htxloleulxp frlqflgh

zlwk wkh h�flhqw doorfdwlrqv dv gh�qhg deryh1 Frpelqh htv1 +<,/ +44,/ dqg +47, wr vkrz wkdw wkh

doorfdwlrqv lq d frpshwlwlyh htxloleulxp pxvw vdwlvi| ht1 +5<, dqg frpelqh htv1 +<,/ +46,/ dqg +49,

wr vkrz wkdw wkh doorfdwlrqv lq d frpshwlwlyh htxloleulxp pxvw vdwlvi| ht1 +63,1 Dovr/ qrwh wkdw wkh

vroxwlrq *s wr ht1 +64, htxdov wkh vroxwlrq x�ks wr ht1 +4;,/ dqg wkh vroxwlrq *6 wr ht1 +65, htxdov

wkh vroxwlrq x�k6 wr ht1 +4:,1 Wkhvh uhvxowv vkrz wkdw ht1 +66, krogv1 Khqfh/ wkh doorfdwlrqv frlqflgh1
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Ehfdxvh ri wklv htxlydohqfh/ wkh h{lvwhqfh dqg xqltxhqhvv ri d vroxwlrq wr wkh sodqqhu*v sureohp

wkdw zhuh hvwdeolvkhg iru wkh h�flhqw doorfdwlrq dovr fduu| ryhu wr hvwdeolvk wkh vdph surshuwlhv iru

wkh frpshwlwlyh htxloleulxp1
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Wklv dsshqgl{ ghvfulehv krz zh fkrvh wkh ydoxhv iru wkh prgho*v sdudphwhuv1 Hdfk shulrg lq wkh

prgho frqvlvwv ri 43 |hduv/ dqg zh wklqn ri wkh lqlwldo shulrg ri wkh prgho dv fruuhvsrqglqj wr

4;:30;31 Wkh phwkrg iru fkrrvlqj hdfk sdudphwhu lv dv iroorzv=

� = Wkh ydoxh ri fs@+fs . sf6, lq wkh prgho frqyhujhv wr � dv �@fs frqyhujhv wr }hur1 Lq wkh

gdwd zh phdvxuh fs dv idup JGS/ dqg sf6 dv qrq0idup JGS ohvv jurvv lqyhvwphqw1 Lq 4<<9/ h1j1/

Idup JGS2+Idup JGS. Qrq0idup JGS 0 Jurvv Il{hg Sulydwh Qrquhvlghqwldo Lqyhvwphqw, @ 13461

Ghqrwh v @ fs@+fs .sf6,1 Xvlqj gdwd iurp 4<8< wr 4<<9/ zh hvwlpdwh wkh surfhvv v|n� @ df.d� �v|
xvlqj wkh Frfkudqh0Rufxww surfhgxuh/ dqg hvwlpdwh wkh orqj0uxq ydoxh ri v| dv df@+4 � d�,1 Zh

rewdlq dq hvwlpdwh iru wklv orqj0uxq ydoxh ri 3134/ dqg wkxv xvh lw dv rxu hvwlpdwh ri � 1 Gdwd=

Hfrqrplf Uhsruw ri wkh Suhvlghqw/ Wdeohv E4 dqg E431

�= Zh fkrvh d ydoxh ri � vr wkdw wkh ydoxh ri fs@+fs . sf6, revhuyhg lq wkh gdwd lq 4;;3

htxdov wkh ydoxh ri wklv udwlr suhglfwhg lq wkh lqlwldo shulrg lq wkh prgho1 Wkh dyhudjh ohyho ri

JGS ehwzhhq 4;:< dqg 4;;; zdv 5415 eloolrqv/ dqg wkh dyhudjh vl}h ri idup JGS zdv 81; eloolrq

+erwk �jxuhv h{suhvvhg lq 4<5< grooduv,1 Wkh udwlr ri jurvv �{hg qrq0uhvlghqwldo lqyhvwphqw wr JGS

ehwzhhq 4;;4 dqg 4;<3 zdv/ rq dyhudjh/ 45151 Iurp wkhvh �jxuhv zh ghulyh dq hvwlpdwh lq 4;;3 iru

wkh txdqwlw| Idup JGS2+Idup JGS . Qrq0idup JGS 0 Jurvv Lqyhvwphqw, @ 1641 Qrwh wkdw wkh

idup vkduh qxpehuv zh duh jlylqj khuh dqg lq wkh suhylrxv sdudjudsk gl�hu iurp wkrvh lq Wdeoh 4/

dv wkh odwwhu uhihu wr wkh idup vkduh lq jurvv JGS1 Gdwd= Klvwrulfdo Vwdwlvwlfv ri wkh Xqlwhg Vwdwhv/

Vhulhv I458 dqg I45:> Pdgglvrq +4<<4,/ Wdeoh 51611

�= Zh dvvxph orj xwlolw|/ zklfk lpsolhv � @ 4=31

�= Ghqrwh wkh uhdo uhwxuq wr fdslwdo e| U/ dqg ghqrwh wkh uhdo shu0fdslwd frqvxpswlrq

jurzwk ri qrq0idup jrrgv e| j1 Lq wkh prgho wkh glvfrxqw idfwru � lv uhodwhg wr wkhvh wzr yduldeohv

dv � @ +4 . j,@+4 . U,= Lq 4<5</ shu0fdslwd Qrq0idup JGS 0 Jurvv Lqyhvwphqw @ 95<1< +4<5<

grooduv,1 Lq 4<<9 wklv qxpehu lv 57/55614 +4<<9 grooduv,1 Wklv uhsuhvhqwv dq dqqxdo qrplqdo jurzwk

udwh ri 138841 Wkh dyhudjh qrplqdo uhwxuq rq wkh ydoxh0zhljkwhg q|vh iurp 4<5< wr 4<<8 lv 1447:1
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Wklv lpsolhv dq dqqxdo �@ @ =<81 Zh wklqn ri d shulrg lq wkh prgho dv frqvlvwlqj ri 43 |hduv/ zklfk

ohdgv wr d ydoxh � @ =931 Gdwd= Hfrqrplf Uhsruw ri wkh Suhvlghqw/ dqg Fhqwhu iru Uhvhdufk lq

Vhfxulw| Sulfhv1

�= �A / �u/ �A / �u duh fkrvhq dv iroorzv1 Mrujhqvhq dqg Jroors uhsruw gdwd rq wkh uhodwlyh

uhqwdo frvwv lq surgxfwlrq/ iru erwk wkh idup dqg qrq0idup vhfwruv/ ri xvlqj oderu/ fdslwdo +lqfoxvlyh

ri odqg,/ hqhuj|/ dqg pdwhuldov +d NOHP ghfrpsrvlwlrq,1 Wkh oderu2fdslwdo udwlr lq erwk vhfwruv lv

urxjko| 93273/ vr zh dvvljq 19 wr wkh xvh ri oderu dqg 17 wr wkh xvh ri fdslwdo soxv odqg1 EOV uhsruw

wkh uhqwdo frvw ri odqg dv d iudfwlrq ri wkh uhqwdo frvw ri doo w|shv ri fdslwdo soxv odqg iru wkh idup

dqg qrq0idup vhfwruv1 Iru wkh idup vhfwru/ wkh uhqwdo frvw ri odqg dv d iudfwlrq ri wkh wrwdo uhqwdo

frvw ri fdslwdo lv 17:871 Iru wkh qrq0idup vhfwru/ wklv iudfwlrq lv 147771 Zh xvh wkhvh qxpehuv wr

hvwlpdwh 14< @ 17:87-17 dv odqg*v vkduh lq wkh idup vhfwru/ dqg 139 @ 14777-17 dv odqg*v vkduh lq wkh

qrq0idup vhfwru1 Gdwd= Mrujhqvrq dqg Jroors/ lqihuuhg iurp Wdeohv <15 dqg <17/ dqg EOV/ Wdeohv

QIE8d dqg I8d1

�= Fkulvwhqvhq dqg Mrujhqvrq/ flwlqj wkh Fdslwdo Vwrfn Vwxg|/ uhsruw wkh iroorzlqj dqqxdo

ghsuhfldwlrq udwhv +Wdeoh 8144, dqg uhodwlyh ydoxhv ri wkh fdslwdo vwrfn +Wdeoh 8145,= Frqvxphu

Gxudeohv +ghsu1 @ 1533/ zhljkw @ 154,/ Qrquhvlghqwldo Vwuxfwxuhv +ghsu1 @ 1389/ zhljkw @ 155,/

Surgxfhu Gxudeohv +ghsu1 @ 146;/ zhljkw @ 153,/ dqg Uhvlghqwldo Vwuxfwxuhv +ghsu1 @ 136</ zhljkw

@ 16:,1 Wkh zhljkwhg dyhudjh ghsuhfldwlrq udwh lv 13<971 Wklv lpsolhv d ydoxh ri � @ =692ghfdgh1

Gdwd= Fkulvwhqvhq dqg Mrujhqvrq/ Wdeohv 8144 dqg 81451

j6= Dffruglqj wr Mrujhqvrq dqg Jroors/ wkh dyhudjh wrwdo idfwru surgxfwlylw| +wis, jurzwk

udwh lq wkh qrq0idup vhfwru iurp 4<7:0;8 zdv 133;42|hdu +wklv ydoxh lv qrw dgmxvwhg iru wkh fkdqjlqj

txdolw| ri lqsxwv> dgmxvwhg iru txdolw| wklv hvwlpdwh lv 13377,1 Dv uhsruwhg lq wkh Klvwrulfdo Vwdwlvwlfv

ri wkh X1V1/ wkh dyhudjh wis jurzwk udwh lq wkh qrq0idup vhfwru iurp 4<5< wr 4<7; zdv 13494/ dqg

wkh dyhudjh wis jurzwk udwh iurp 4;;< wr 4<5< zdv 134961 Wkh hduolhu wis jurzwk udwhv duh odujhu

wkdq wkh odwhu rqhv/ exw dv dujxhg e| Mrujhqvrq dqg Jroors/ hvwlpdwhv vxfk dv wkhvh ryhuvwdwh

wkh wis jurzwk udwh +gxh wr ydulrxv huuruv ri djjuhjdwlrq,1 Jhwwlqj d uhdvrqdeo| dffxudwh hvwlpdwh

ri dyhudjh wis jurzwk iurp 4;;3 wr 4<<3 lv vrphzkdw fkdoohqjlqj1 Lq wkh hqg zh fkrvh wr xvh

wkh Mrujhqvrq0Jroors hvwlpdwh ri 133;4 iru wkh hqwluh 4;;304<<3 shulrg/ zklfk lpsolhv dq dyhudjh

jurzwk udwh ri 13;732ghfdgh +j6 @ =3;73,1 Gdwd= Mrujhqvrq dqg Jroors/ Wdeohv <15 dqg <17/ dqg

Klvwrulfdo Vwdwlvwlfv ri wkh X1V1/ Vhulhv Z;1
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jsf= Dv hvwlpdwhg e| Mrujhqvrq dqg Jroors/ wkh dyhudjh wis jurzwk udwh lq wkh idup vhfwru

iurp 4<7:0;8 zdv 135392|hdu +dv deryh/ wklv qxpehu lv qrw dgmxvwhg iru wkh fkdqjlqj txdolw| ri

lqsxwv> zlwk vxfk dq dgmxvwphqw wkh dyhudjh idup wis jurzwk udwh zdv 1348;2|hdu,1 Dv uhsruwhg lq

wkh Klvwrulfdo Vwdwlvwlfv ri wkh X1V1/ wkh dyhudjh wis jurzwk lq wkh idup vhfwru iurp 4<5< wr 4<7; zdv

134772|hdu/ dqg wkh dyhudjh wis jurzwk udwh iurp 4;;< wr 4<5< zdv 133761 Wklv lpsolhv dq dyhudjh

idup wis jurzwk udwh iurp 4;;< wr 4<;8 ri 1345:2|hdu/ zklfk lpsolhv d ydoxh ri 146782ghfdgh1 Dv

qrwhg e| Mrujhqvrq dqg Jroors/ wkhlu surfhgxuh iru frpsxwlqj idup wis jhqhudwhv d vxevwdqwldo

jurzwk lq wis iurp 4<7:0;8 +khqfh ydulrxv eldvhv gxh wr djjuhjdwlrq gr qrw h{sodlq wkh kljk idup

wis jurzwk udwhv,/ dqg lqghhg wkhlu hvwlpdwh lv pxfk kljkhu wkdq wkh hvwlpdwhv ri idup wis jurzwk

iru hduolhu wlph shulrgv +zklfk gr qrw frqwuro iru wkhvh eldvhv,1 Zh duh vrphzkdw frqfhuqhg derxw

wkh dffxudf| ri wkh hduo| idup wis qxpehuv/ hvshfldoo| vlqfh wkh| duh yhu| vhqvlwlyh wr hvwlpdwhv

ri idup hpsor|phqw/ zklfk duh kljko| vxvshfw iru wkh hduo| shulrg +vhh iq1 44,1 Lqvwhdg ri wrwdoo|

glvfrxqwlqj wkh hduolhu hvwlpdwhv ri wis jurzwk/ zh wrrn wkhp lqwr dffrxqw dqg fkrvh d idup wis

jurzwk udwh ri 149;32ghfdgh/ zklfk lv vlpso| wzlfh wkh ydoxh ri rxu hvwlpdwh ri qrq0idup wis jurzwk

+Lq Mrujhqvrq dqg Jroors*v hvwlpdwhv iru wkh 4<7:0;8 wlph shulrg/ idup wis jurzwk lv 5187 wlphv

wkh qrq0idup wis jurzwk udwh,1 Gdwd= Jroors dqg Mrujhqvrq/ Wdeohv <15 dqg <17/ dqg wkh Klvwrulfdo

Vwdwlvwlfv ri wkh X1V1/ Vhulhv Z:1

�f= Vhw wr pdwfk wkh idup2qrq0idup zdjh udwlr lq 4;;3/ zklfk lv =531 Gdwd= Wdeoh 41

��= Vhw wr pdwfk wkh idup2qrq0idup zdjh udwlrq lq 4<;3/ zklfk lv =9<1 Gdwd= Wdeoh 41

�= Wkh h{shfwhg olihwlph ri shrsoh lv 4@+4��,1 Lq wkh gdwd/ wkh olih h{shfwdqf| dw eluwk iru

hdfk ghfdgh iurp 4;;3 wr 4<<3 lv 75/ 76/ 7:/ 83/ 87/ 93/ 96/ 9;/ :3/ :4/ :7/ dqg :81 Wr dgmxvw iru wkh

idfw wkdw lq vrph vhqvh wkh exon ri wkh srsxodwlrq iurp 4;;3 wr 4<;3 zdv eruq forvhu wr 4;;3 wkdq

4<;3/ zh fkrvh dq h{shfwhg olihwlph fruuhvsrqglqj wr wkdw lq 4<43/ zklfk lv 831 Zh wklqn ri wkh

prgho dv vwduwlqj zkhq shrsoh duh 43 |hduv rog +iurp 43 wr 53 wkh| pdnh wkhlu hgxfdwlrq ghflvlrq,/

dqg khqfh h{shfw wr olyh dqrwkhu 7 ghfdghv1 Wklv lpsolhv d ydoxh ri � @ =:81 Klvwrulfdo Vwdwlvwlfv ri

wkh Xqlwhg Vwdwhv/ Vhulhv E459 dqg E43:> Vwdwlvwlfdo Devwudfw ri wkh Xqlwhg Vwdwhv +4<<:,/ Wdeoh

44:1

Nf= Wkh lqlwldo fdslwdo vwrfn/ Nf/ lv vhw vr wkdw wkh lqlwldo uhwxuq wr fdslwdo htxdov wkh uhwxuq

wr fdslwdo lq wkh vwhdg| vwdwh +wkh uhwxuq wr fdslwdo grhv qrw vhhp wr vkrz dq| surqrxqfhg wuhqg

lq X1V1 gdwd,1

��.



aOs = aOs dw w @ 3 lv vhw wr pdwfk wkh iudfwlrq ri wkh srsxodwlrq wkdw zhuh idup zrunhuv lq

4;;3/ zklfk lv =831 Gdwd= Wdeoh 41

$= Wkh ydoxh ri $ lv fkrvhq wr pdwfk wkh udwlr ri shu0zrunhu oderu lqfrph lq wkh Vrxwk wr

wkdw lq wkh Qruwk lq 4;;3 iru wkh yhuvlrq ri wkh prgho zlwk ghfolqlqj hgxfdwlrq frvwv +wkh hvwlpdwhg

ydoxh iru wkh prgho zlwk frqvwdqw hgxfdwlrq frvwv lv doprvw lghqwlfdo lq dq| hyhqw,1 Lq wkh gdwd wklv

udwlr lv 1741 Gdwd= rxu fdofxodwlrqv edvhg rq Ohh/ hw1do1 +4<8:,/ Wdeoh \041
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Shulrg Wrwdo d4 d5 d6 d7 e4 e5 f

4;;304<83 31773 3136: 313:3 31354 031377 315;3 031457 31534

( ri wrwdo 433 ;17 481; 71< 04314 9619 05;15 7819

4;;304<33 3138< 3135< 31339 3133; 031348 313:5 0313:5 31365

( ri wrwdo 433 7<15 4315 4619 05817 45513 045513 8715

4<3304<53 31585 03133< 3137; 03135 3134< 313<; 03136: 31486

( ri wrwdo 433 0619 4<13 0:1< :18 6;1< 0471: 931:

4<5304<83 3145< 3134< 31334 31349 031384 31437 031348 31388

( ri wrwdo 433 471: 31; 4517 06<18 ;319 04419 7519

4<7304<<3 31645 31335 31435 31338 31356 31463 031353 313:3

( ri wrwdo 433 319 651: 41: :17 741: 0917 5517

4<7304<83 31549 31333 3139; 31334 3137: 313;7 031344 3135:

( ri wrwdo 433 313 6417 318 541: 6;1; 0814 4518

4<8304<93 31366 031336 031336 031334 031349 31386 031339 3133<

( ri wrwdo 433 0<13 0<13 0613 07:1; 48;18 04:1< 591<

4<9304<:3 31384 31333 3134< 31334 31337 31354 031335 3133;

( ri wrwdo 433 313 6:17 513 :1< 7417 061< 481;

4<:304<;3 31444 31335 31387 31335 3137: 31338 031334 31335

( ri wrwdo 433 41; 7;1; 41; 7518 718 031< 41;

4<;304<<3 0313<< 031334 03136< 031334 031393 31334 31333 31333

( ri wrwdo 433 413 6<17 413 9319 0413 313 313

Qrwh= Whupv ri Htxdwlrq +5;, iru vxe0shulrgv lqglfdwhg lq �uvw froxpq1 Wkh whupv d40d7 fruuhvsrqg wr wkh

whupv lq wkh �uvw olqh ri +5;,1 Wkh whupv e4 dqg e5 fruuhvsrqg wr wkh whupv lq wkh vhfrqg olqh1 Wkh whup f lv

wkh whup lq wkh wklug olqh1 Dxwkruv* fdofxodwlrqv1 Gdwd vrxufhv= +4;;304<83/ vhuylfh lqfrph shu zrunhu, Ohh

hw do1 +4<8:,> +4<7304<<3/ oderu lqfrph shu zrunhu, Uxjjohv dqg Vrehn +4<<:,1
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Shulrg Wrwdo d4 d5 d6 d7 e4 e5 f

4;;304<83 314:9 3134: 031364 31356 031357 314<9 031433 313<8

( ri wrwdo 433 <1: 04:19 4614 0461: 44419 0891< 8714

4;;304<33 313:< 31348 031346 31349 03133< 313<9 031389 31363

( ri wrwdo 433 4<13 04918 5316 04417 45418 0:31< 6;13

4<3304<53 31343 031346 031366 031347 031367 31399 03136 31399

( ri wrwdo 433 046313 066313 047313 067313 99313 063313 99313

4<5304<83 313;9 31344 31355 31344 31353 3135: 031345 3133:

( ri wrwdo 433 451; 5819 451; 5616 6417 04713 ;14

4<7304<<3 031339 31334 03137; 31335 03138: 313;5 03134; 31365

( ri wrwdo 433 0491: ;3313 06616 <8313 046991: 63313 086616

4<7304<83 313<6 31334 31355 31334 31355 31378 03134 31345

( ri wrwdo 433 414 561: 414 561: 7;17 0431; 451<

4<8304<93 3135; 31333 031335 31333 031335 3135: 031338 3133<

( ri wrwdo 433 313 0:14 313 0:14 <917 04:1< 6514

4<9304<:3 031346 31334 03134: 31334 03134; 31349 031335 3133:

( ri wrwdo 433 0:1: 4631; 0:1: 46;18 045614 4817 0861;

4<:304<;3 31373 31333 3134; 31333 3134; 31337 31333 31333

( ri wrwdo 433 313 7813 313 7813 4313 313 313

4<;304<<3 031487 031334 0313:: 31333 0313; 31335 31333 31334

( ri wrwdo 433 319 8313 313 841< 0416 313 0319

Qrwh= Whupv ri Htxdwlrq +5;, iru vxe0shulrgv lqglfdwhg lq �uvw froxpq1 Wkh whupv d40d7 fruuhvsrqg wr wkh

whupv lq wkh �uvw olqh ri +5;,1 Wkh whupv e4 dqg e5 fruuhvsrqg wr wkh whupv lq wkh vhfrqg olqh1 Wkh whup f lv

wkh whup lq wkh wklug olqh1 Dxwkruv* fdofxodwlrqv1 Gdwd vrxufhv= +4;;304<83/ vhuylfh lqfrph shu zrunhu, Ohh

hw do1 +4<8:,> +4<7304<<3/ oderu lqfrph shu zrunhu, Uxjjohv dqg Vrehn +4<<:,1
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Shulrg Wrwdo d4 d5 d6 d7 e4 e5 f

4;;304<83 031588 31347 031599 31364 031369 3139; 0313<6 3135;

( ri wrwdo 433 0818 43716 04515 4714 0591: 6918 04413

4;;304<33 03144< 31344 0313;3 3133: 031339 031338 031384 31336

( ri wrwdo 433 0<15 9:15 081< 813 715 751< 0518

4<3304<53 03147: 031347 031494 31336 031363 31353 03135; 31398

( ri wrwdo 433 <18 43<18 0513 5317 04619 4<13 07715

4<5304<83 31344 31347 31335 3133< 31333 031337 031345 31335

( ri wrwdo 433 45:16 4;15 ;41; 313 06917 043<14 4;15

4<7304<<3 031379 031336 03138< 031334 031364 31384 03134: 31346

( ri wrwdo 433 918 45;16 515 9:17 04431< 6:13 05;16

4<7304<83 31378 31336 31338 31334 3133: 31363 03133< 3133;

( ri wrwdo 433 91: 4414 515 4819 991: 05313 4:1;

4<8304<93 031349 031338 031349 031335 031337 31348 031338 31334

( ri wrwdo 433 6416 43313 4518 5813 0<61; 6416 0916

4<9304<:3 031358 31333 031355 31333 031344 3133; 031335 31335

( ri wrwdo 433 313 ;;13 313 7713 06513 ;13 0;13

4<:304<;3 3136: 31334 3134< 31334 31347 31334 31333 31334

( ri wrwdo 433 51: 8417 51: 6:1; 51: 313 51:

4<;304<<3 0313;; 031334 03137< 031334 03136; 31334 31333 31333

( ri wrwdo 433 414 881: 414 7615 0414 313 313

Qrwh= Whupv ri Htxdwlrq +5;, iru vxe0shulrgv lqglfdwhg lq �uvw froxpq1 Wkh whupv d40d7 fruuhvsrqg wr wkh

whupv lq wkh �uvw olqh ri +5;,1 Wkh whupv e4 dqg e5 fruuhvsrqg wr wkh whupv lq wkh vhfrqg olqh1 Wkh whup f lv

wkh whup lq wkh wklug olqh1 Dxwkruv* fdofxodwlrqv1 Gdwd vrxufhv= +4;;304<83/ vhuylfh lqfrph shu zrunhu, Ohh

hw do1 +4<8:,> +4<7304<<3/ oderu lqfrph shu zrunhu, Uxjjohv dqg Vrehn +4<<:,1
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Figure 1: Per-Worker Labor Income and Employment in Farming: 1880
employment share of farming
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Figure 2: Growth and the Structural Transformation: 1880-1990
change in % working on farms
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